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Abstract—The use of Kernel Density Visualization (KDV)
has become widespread in a number of disciplines, including
geography, crime science, transportation science, and ecology,
for analyzing geospatial data. However, the growing scale of
massive geospatial data has rendered many commonly used
software tools unable of generating high-resolution KDVs, leading
to concerns about the inefficiency of KDV. This 90-minute tutorial
aims to raise awareness among database researchers about
this important, emerging, database-related, and interdisciplinary
topic. It is structured into four parts: a thorough discussion of
the background of KDV, a review of state-of-the-art methods for
generating KDVs, a discussion of key variants of KDV, including
network kernel density visualization (NKDV) and spatiotemporal
kernel density visualization (STKDV), and an outline of future
directions for this topic.

I. INTRODUCTION

Kernel Density Visualization (KDV) [20], [13] is widely
used in various applications for analyzing geospatial data.
Some representative examples include crime hotspot detec-
tion [12], [46], [32], [35], traffic accident hotspot detec-
tion [36], [53], [57], [55], [54], disease outbreak detection [31],
[26], [25], and ecological modeling [56], [52]. Using Figure 1
(obtained from [20]) as an example, domain experts can adopt
KDV to generate hotspot maps [12], [33] for a location dataset
in different geographical regions, using various exploratory
operations (e.g., zoom-in, zoom-out, and panning), so as to
identify the hotspots.

Due to its wide range of applications, many geographical
software tools, e.g., QGIS [7] and ArcGIS [1], scientific
software tools, e.g., Scikit-learn [41] and Scipy [8], and
visualization software tools, e.g., Deck.gl [3] and Seaborn [9],
can support this operation. However, with the growing size
of big geospatial data, such as the Chicago crime dataset [2]
with 7.74 million location data points and the New York
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(a) Upper Manhattan (b) Lower Manhattan
Fig. 1: Using KDV to generate the hotspot maps for the New
York traffic accident dataset [6] in two regions, where each
pixel with red color denotes the hotspot location.

traffic accident dataset [6] with 1.97 million location data
points, off-the-shelf software tools that use simple algorithms
are infeasible for generating multiple KDVs for these large
datasets. For this reason, developing efficient solutions for
generating KDV is an important, emerging, database-
related, and interdisciplinary topic. In this tutorial, we aim
to bring attention to this important topic among database
researchers and practitioners by highlighting the challenges,
state-of-the-art methods, and opportunities for further research
and development in KDV.
Target audience of this tutorial: We mainly target the MDM
attendees who are interested in (1) conducting research for
geospatial visual analytics, (2) adopting visualization tools
for analyzing location data, or (3) incorporating the latest
visualization technologies into software packages. The audi-
ence needs to understand some basic database concepts, e.g.,
indexing. However, this tutorial is self-contained, which does
not require prior knowledge of geospatial visualization.
Comparisons with other related tutorials: Although many
tutorials that are related to spatial/spatiotemporal databases
and visual analytics have been conducted in the database
community [34], [47], [50], [58], [27], [24], none of them
has focused on using KDV to support visual analysis tasks.
As a remark, the authors will provide another tutorial [21] in
SIGMOD 2023. Compared with [21], this tutorial will deeply
focus on visual analytics rather than a general introduction to
geospatial analytics.
Related work from authors: We have extensively worked on
improving the efficiency of solving KDV-related problems in
recent years [21], [20], [15], [14], [18], [13], [19], [22] and



have successfully built one system prototype [16] and two
python libraries [17], [23] for supporting KDV and its variants.
Moreover, we have jointly developed two widely used COVID-
19 hotspot maps [4], [5], for Hong Kong and Macau citizens
to visualize COVID-19 hotspots.

II. TUTORIAL OUTLINE

This tutorial lasts for 1.5 hours, which consists of four parts.
First, we will review the background of KDV, including the
motivation, the problem definition, the comparison with other
traditional visualization methods (e.g., scatter plot [39], [38]
and histogram [37], [51], [49]), and the software development
for KDV (30 mins). Then, we provide a comprehensive review
for the state-of-the-art methods for generating KDVs (20
mins). After that, we discuss other variants of KDV, including
network kernel density visualization (NKDV) [18], [26], [55]
and spatiotemporal kernel density visualization (STKDV) [15],
[32], [25] (20 mins). Lastly, we outline the open problems for
future opportunities (20 mins).
A. Background of KDV

In the first part of the tutorial, we will discuss how KDV
is used to support different types of applications, including
crime hotspot detection, traffic accident hotspot detection,
disease outbreak detection, and ecological modeling, in detail.
In addition, we will discuss the formal definition of the KDV
problem (cf. Definition 1).

Definition 1: (KDV [20]) Given a location dataset P =
{p1,p2, ...,pn} with n spatial data points and a geographical
region with X×Y pixels, we need to color each pixel q based
on the kernel density value FP (q) (cf. Equation 1).

FP (q) =
∑
p∈P

w ·K(q,p) (1)

where w and K(q,p) denote the normalization constant
and kernel function, respectively. Some representative kernel
functions are shown in Table I.

TABLE I: Representative kernel functions.
Kernel K(q,p) Used in

Epanechnikov

{
1− 1

b2
dist(q,p)2 if dist(q,p) ≤ b

0 otherwise
[32], [11]

Quartic

{
(1− 1

b2
dist(q,p)2)2 if dist(q,p) ≤ b

0 otherwise
[53], [35]

Gaussian exp(− 1
b2
dist(q,p)2) [36], [52]

Furthermore, since there are other types of visualization
tools, e.g., scatter plot and histogram, we will provide some
examples to show that KDV can achieve better visual quality
compared with those visualization tools. In addition, we will
survey different software tools for generating KDVs (e.g.,
ArcGIS, QGIS, Scipy, and Scikit-learn) and discuss their
advantages and disadvantages.
B. State-of-the-art Methods for Generating KDVs

In the second part of the tutorial, we will review three
types of methods for improving the efficiency of generating
KDVs, including (1) function approximation methods, (2) data
sampling methods, and (3) computational sharing methods. In
addition, we will discuss the pros and cons of these methods.

Function approximation methods: In the first type of research
studies, researchers [29], [28], [22], [13], [19] first develop
the efficient lower and upper bound functions, LB(q) and
UB(q), respectively, for the kernel density function FP (q)
(cf. Equation 1), i.e., LB(q) ≤ FP (q) ≤ UB(q). Then, they
incorporate these bound functions into an index structure (e.g.,
kd-tree [10] and ball-tree [40]) to progressively tighten LB(q)
and UB(q) (by traversing the index structure) so that these
bound values can achieve the approximation guarantee ε for
computing the approximate kernel density value R(q), where:
UB(q)

LB(q)
≤ 1 + ε→ (1− ε)FP (q) ≤ R(q) ≤ (1 + ε)FP (q)

(2)
Data sampling methods: In the second type of research
studies, researchers [43], [44], [60], [59], [42] propose to
obtain the subset S of the dataset P . Then, they can compute
the modified kernel density function F (M)

S (q) for this subset
S, where:

F (M)
S (q) =

∑
pi∈S

wi ·K(q,pi) (3)

They show that F (M)
S (q) is theoretically close to the original

kernel density value FP (q) with the probabilistic guarantee.
Since they can also provide the non-trivial upper bound for
the subset size, computing F (M)

S (q) can be significantly faster
than FP (q).
Computational sharing methods: In the third type of research
studies, some researchers [20], [14], [30] exploit some sharing
properties in order to improve the efficiency for computing a
single KDV or multiple KDVs. Some of these research studies
(e.g., [20], [14]) can further reduce the time complexity for
generating KDVs with non-trivial accuracy guarantees.

C. Other Variants of KDV
In the third part of the tutorial, we will discuss two

important variants of KDV, namely network kernel density
visualization (NKDV) and spatiotemporal kernel density vi-
sualization (STKDV).
NKDV: Since some categories of geographical events, in-
cluding traffic accidents and crime events, mainly occur in
a road network, using the Euclidean distance dist(q,p) in
the kernel function K(q,p) (cf. Table I) can overestimate
the density value of each position (cf. Figure 2, modified
from [18]). Therefore, geographical researchers [55], [54]
propose to replace dist(q,p) in K(q,p) by the shortest path
distance distG(q,p). In this tutorial, we will also review
different methods for generating NKDV (e.g., [18], [45], [54]).

q2

q1

Fig. 2: Since q2 is far away from the black points in terms of
the shortest path distance, we should assign a smaller density
value for q2 compared with q1.

STKDV: In practice, some geographical phenomena, e.g., the
distribution of COVID-19 cases, significantly depend on the
event time. Using the COVID-19 cases in Hong Kong (cf.



Figure 3, obtained from [15]) as an example, observe that the
third wave is more serious than the second wave in Hong
Kong. As such, geographical researchers propose to adopt
STKDV [36], [32], [25]. In this tutorial, we will discuss
different methods [15], [48] for generating STKDV.

(a) Second wave (b) Third wave
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Fig. 3: The seriousness and distribution of COVID-19 cases in
Hong Kong, generated by STKDV, depend on the wave/time.
D. Future Opportunities

In the fourth part of the tutorial, we will discuss the future
opportunities for both researchers and practitioners. In the
following, we will highlight some of the promising directions.
Optimal solutions for solving KDV, NKDV, and STKDV:
Although many advanced algorithms have been proposed to
improve the efficiency for different variants of KDV (e.g.,
[20] for KDV, [18] for NKDV, and [15] for STKDV), these
algorithms have not been proven to be optimal. We use KDV
(cf. Definition 1) as an example. Recall that generating KDV
needs to compute the kernel density function FP (q) (cf.
Equation 1) for each pixel q. Therefore, every algorithm needs
to at least access all (i.e., n) data points in P and all (i.e.,
X × Y ) pixels, which takes Ω(XY + n) time. However,
the state-of-the-art algorithm [20] takes O(Y (X + n)) time,
which still has a significant gap from the lower bound time
complexity. As such, finding the optimal solutions for these
problems is the promising direction.
Efficient algorithms for other kernel functions: In the state-
of-the-art research studies [20], [18], [15], they mainly focus
on the limited set of kernel functions (e.g., Epanechnikov and
quartic kernels). However, these methods cannot be extended
to support other important kernel functions (e.g., Gaussian
kernel, cosine kernel, and exponential kernel) that can be sup-
ported by the famous software tools (e.g., Scikit-learn [41]).
Therefore, finding an efficient solution for supporting other
kernel functions is also the important direction.
Efficient algorithms for bandwidth tuning: In Table I, the
bandwidth parameter b can significantly affect the visual qual-
ity of hotspot maps. Therefore, many geographical researchers
(e.g., [57], [35]) need to generate multiple KDVs by varying
this parameter, which can further deteriorate the inefficiency
issue. However, there are only a few research studies that
focus on this issue [14], [30]. In addition, these studies
are restricted to handle KDV. As such, developing efficient
algorithms for supporting both KDV, NKDV, and STKDV is
another important direction.
Software development with efficient algorithms: Although
many commonly-used software tools have been developed
to generate KDV, most of these tools only adopt the basic
algorithms, which are not feasible to support high-resolution

KDV with large-scale datasets. Furthermore, only a few soft-
ware tools can generate NKDV and STKDV. Based on these
reasons, developing a new and an efficient software package
to support different variants of KDV is also the promising
direction.
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